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ABS TRACT 


The transverse forces acting on smooth and sand-roughened circular 
cylinders immersed In an harmonically oscillating flow have been mea- 
sured using a recently constructed U-shaped water tunnel. 

The lift coefficient and the frequency of the alternating force 
have been determined. for smooth cylinders, the lift coefficlents were 
found to depend on both the Reynolds and the Keulegan-Carpenter numbers 
for Reynoids numbers between about 20,000 and 150,000. For rough 
cylinders, the lift coefficients were found to be Independent of the 
Reynolds number within the range of relative roughnesses and Reynolds 
numbers tested. The resuits have also shown that the lift coefficlents 
for smooth cylinders at low Reynolds numbers are nearly Ndennicel with 
those obtained for rough cylinders at very high Reynoids numbers et 
the corresponding amplitude ratios. For both rough and smooth cyilnders, 
the transverse force is a significant fraction of the in-line force 
and must be taken into consideration in the design of structures. 

It is recommended that the experiments be extended to the self- 


excited hydro-elastic oscillations of cyllnders In harmonic flows. 
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I}. INTROOUCTION 


Information about the fime-dependent forces acting on bluff bodies 
In general and circular cylinders In particular has considerable practi- 
cal interest In ocean and wind engineering, as well as In basic under- 
standing of fluld mechanics. Extensive discussion about the flow-Induced 
forces and oscillations exists in the literature, but the basic hydro~- 
dynamic data are lacking, particularly at higher Reynolds numbers which 
are of current practical Interest. 

Much ot the present knowledge on the hydrodynamics of the oscillatory 
fiow about the cylinders has been obtained by means of model tests In 
wava channels at Reynolds nussoers generally two to three orders of magnli- 
jude smaller than prototype Reynolds numbers. These model tests, which 
have been primarily concerned with in-line forces, have disclosed that 
the drag and Inertia coefficients may be correlated with the amplitude of 
the motion relative to a characteristic dimension of the vody and that 
the effect of the Reyrolds number is obscured by that correlation. The 
fleld data have shown rather large scatter and no systematic correlation 
with elther the relative amplitude or the Reynolds number. Understand- 
ably, there Is considerable controversy In the IIiterature regarding the 
effect of viscosity, free surface, etc. 

Vortex shedding glves rise to an alternating force In both steady and 
time dependent flows. In spite of the considerable Interest, however, 
the transverse force or the II ft force In harmonic flow received very 


little attention. Recently, It became clear from the observations of the 
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osclitations of long piles and strumming of cables thet the lift forces 
are Important not only because of their magnitude but also because of 
their aiternating nature which under certain circumstances may lead to 

the phenomenon known as lock-in or vortex synchronization. This phenomenon 
may cause failure due to fatigue and Increased in-line force. Obvicusly, 
+he total instantaneous force acting on the structure Is Increased by 

the lift force and modified by the osciliatlons of the body. This In- 
crease refers to the vectorial sum of the in-line and transverse forces 
and not to the forementioned oscillations In the in-line force due to 
vortex shedding. 

Some of the previous studies Include those carrled out by Chang CI], 
Bidde [2], Wiegei and Delmonte [2], Mercier [4], Sarpkaya and Tuter (5], 
Jones [6], Isaacson [7], and Sarpkaya [8]. Bidde [2] dealt primarily 
with the ratio of the transverse force to the In-IIne force in many flows 
and concluded that the lift force behavior is primarily dependent on the 
Keulegan-Carpenter number rather than upon the Reynolds number and that 
the predominant iift frequency Is twice the wave frequency. Bidde's 
data are difficult to Interpret because of the fact that the Reynolds 
number and the Keulegan-Carpenter number were calculated In terms of some 
average value, that the force measured was the total force on the complete 
iength of the pile, and that the submerged end of the vertical cylinder 
was completely free to generate a complex three dimensional flow and 
Influence the vortex shedding. 

Wiegel and Delmonte [3] extended Bidde's work and used the Keulegan- 
Carpenter numbe> based on tha wave-surface kinematics. They have in 
general confirmed Bidde'’s conciuslon except for the fact that the lift 


frequency was irregular and varied from about |.3 to 6 times the wave 


frequency. 
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Sarpkaya and Tuter [5] measured the transverse force on cylinders in 


ptain harmonic flow at relatively low Reynolds numbers and found that 

the maximum 11 ¢t coefficient Is primarily a function of K and that it 

can acquire large magnitudes near Keulegan-Carpenter numbers of 15. This 
work was subsequently extended to cylinders in the vicinity of a piain 
wai! [6] and to higher Reynolds number flows [8]. 

{saacson [7] measured the lift force on vertical cylinders In wavy 
fiows within a Keulegan Carpenter range of about 0 to 25 for Intermediate 
depth waves. The Reynoids number range covered was from about 100 to 
5000, Isaacson concluded on the basis of his and others work that tift 
was dependent both on the Reynolds and Keulegan-Carpenter numbers and 
“hat the dependence of the iift coefficient on the Keulegan-Carpenter 
number was considerably stronger and tends to obscure the weaker depend- 
ence on the Reynoids number. He aiso argued that for higher values of 
the Keulegan-Carpenter number the predominant ll ft frequency must in- 
crease with the Keulegan-Carpenter number. 

it Is Seer snt from the foregoing that both the in-line and transverse 
forces on the structures in the marine environment must be evaluated with 
proper attention to the order of magnitide of the Reynolds and Keulegan=- 
Carpenter numbers. Furthermore, one must take into consideration the 
surface conditions of the structure such as rigld and flexible marine 
growth. There Is not at present either sufficlent or reilable data to 
answer the needs of the designer and to isolate the infiuence of the Indi- 
vidual factors on the variation of the force transfer coefficients. In 
view of the foregoing considerations, the present research program was 


undertaken with the following objectives: 
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(a) To furnish data, obtained under carefully controlled laboratory 
conditions, about the in-line and transverse forces acting on 
smooth cylinders in anharmonically oscillating fluid at Reynolds 
numbers up to |,000.000 and 

(b) To identify the physical mechanism and parameters responsible 
for the correlation or scatter of the force-transfer coeffi- 
clents. 

This thesis deais only with the transverse forces acting on smooth 
and sand-roughened circular cylinders. it does not deal with ocean waves, 
non=-harmonic fluid oscillations, wave and current combinations and its 
consequences, diffraction effects, free-surface and/or wal! proximity 
effects, fluid elasticity or hydro-elasticity of flexible or fiexibly 
supported cylinders in harmonic motion, or finally the interference ef- 
fects between neighboring structural elements. 

The transverse-force coefficient for both smooth and rough cylinders 
have been obtalned experimentally and expressed in terms of Reynolds 
number, Keulegan-C-rpenter number, and relative roughness. In addition, 
the relative “uae of vortex shedding has been determined as a 


function of the same parameters cited above, 
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lf. ANALYSIS OF THE DATA AND THE FORCE COEFFICIENTS 


A compietely satisfactory analysis of the resistance In unsteady 
separated flow has escaped the concentrated efforts cf many researchers. 
No theoreticai model can, at present, predict the complete force and 
flow characteristics of an harmonic motion about a circular cylinder. 

In the absence of such an analysis, the mest serious difficulty lies in 
the description and interpretation of the history of the flow and the 
effect of vortices and turbulence in the flow approaching the body at a 
particular time in the oscil liation. 

in the present study the following transverse force coefficients 


have been defined and evaiuated: 


CLMAX = Max imum peak of the transverse force ina cycle (1) 


(0.5)(p)(D) (L) (u_*) 


and 


. root-mean-square value of the transverse force ina cycle 
CLRMS = 5 
0.5p0LU, 


(2) 


The frequencies of oscillatlon have been expressed either in terms of 


the frequency of oscillation of the harmonic flow as 


fis frequency of the first harmonic of the IIft force ina cycle 
r frequency of the harmonic oscillation 


(3) 
or in terms of the Strouhal number defined by 
f-O “f5/-5 aes 
a 
St = T x Z (4) 
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in which p represents the density of fluid, 0 and L the diameter and 
length of the cylinder, U, the amplitude of the oscillating velocity and 


i the frequency of the transverse forces. 


A. GOVERNING PARAMETERS 

The coefficients cited above wiil have to be correiated through the 
use of suitable parameters in order to show that they have some degree of 
universality within the range of the parameters encountered. A simple 
dimensional analysis of the flow under consideration (uniform harmonic 
motion about a rough circular cylinder placed with its axis normal to 
she tiow) show that the time-dependent force coefficients may be written 
as: 


| 0.5p0LU_” 2 ati 


(5) 


= 


ol|x 


a 


—| + 
——Z 


= £(K, Re, x, , (5a) 


—i| + 


Evidently, U_T/0 may be replaced by 2mA/D or:simply by A/D where A re- 
presents the amplitude of the oscillations. 

There is no simpie way to deal with equation (5a) even tor the most 
manageable time-dependent flows. The evaluation of the instantaneous 
values of the force coefficients is not at present feasible. Another 
and perhaps the only other alternative is to eliminate time as an inde- 
pendent varlable in equation (5a) and consider suitable time-invariant 
averages or ampiitudes of the force coefficients. Thus, one has 

CLMAX 


UT 


m kK 
CLRMS f (> Re, 5) (6) 
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Equation (6), in spite of its simplicity, gives rise to many ques- 
tions: Oo the averaged force coefficients really depend upon both Re 
and K; Are K and Re the most suitable governing parameters; Can one ob- 
tain meaningful conclusions by plotting the data for a given coefticient 
with respect to, say, K and connecting points having equal Re or vice 
versa; How should the experiments be cenansiee so that equation (6) 
yields manageable plots; Which of the two parameters has a more pro- 
nounced effect on the force coefficient under consideratic:; Why has 
there teen considerable scatter in the field data when plotted with 
respect to either K or Re; Are there ranges of K ard Re In which the 
effect of one is obscured by a reasonable correlation of the force co- 
efficients with tire other? These acd similar questions have been raised 
by many other investigators and attempts were made to establish suitable 


correlations. The state of the art is such that the past conclusions 
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and conjectures can be critically scrutinized only through the acquisi-~ 

tion of data of high intrinsic quality obtained under controlled l|abora~ 

tory conditions with relatively simple harmonic flow situations. The 

purpose of such an effort is by no means to remove the need for actual 

full scale experience, in fact it is to encourace full scaie experiments 

and to enable those concerned to interpret and better understand the 

factors affecting the force-transfer function. ‘ 
Past experience ($,5] has shown that the force coefficients obtained 

under controlled laboratory conditions are primarily functions of K at 

relatively small Reynolds numbers (Re < 25,000) and that the effect of 

viscosity is obscured by the fairly good correlation between K and the 

force coefficients. Again previous efforts and the reasoning based on 


dimensional analysis have shown that tnere is an undeniable effect of 
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the Reynolds number. Thus, means have to be devised to delineate the 
effect of both K and Re or some other viscosity dependent parameter [8]. 
It Is apparent that the maximum velocity U, appears In both 
K = U_T/D and Re = U_D/v. Simple rules of dimensional analysis state 
that one obtains the maximum amount of experimental control over the 
dimenstonless variables, if the orlginal variables, that can be regulated, 
each occur in only one dimensionless product. Thus, If U, Is easily 
varled experimental ly, then U, Should occur In only one of the independ- 
ent dimensionless parameters. With this hint in mind, Re in equation (6) 
Is replaced by Re/K = o*/vT. This parameter shall be called the 


-frequency parameter- and denoted by 8, so that 


g = 0¢/vT (7) 


© owt “en Ge oF 


Evidently, for a series of experiments conducted with a cyilnder of a 
given dlameter in water (of uniform and constant temperature and density) 
undergoing harmonic oscillations wlth a constant period (T), B Is held 
constant. Then the variation of a force coefficient with K may be 
plotted for constant values of 8. Subsequentiy, one can easily recover 


the Reynolds number from 
Re = 8K (8) 


and connect the points, on each 8 2 constant curve, representing a given 
Reynolds number for a family of sultably selected values of the Reynolds 
number. Such a procedure eliminates the difficulty of trying to draw 

contours of constant K, or constant Re, or constant CLMAX or CLRMS versus 


K or Re or K versus Re. Suffice It to note that the data reported here-in 
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shal! be analyzed according to the relationship 


im kK 
C; = fi CK, B, 5) (9) 


[a coefficient] 


and the Reynolds number will be used in the manner cited above. The 
power of this new plotting procedure (new, as far as the wave force 


analysis is concerned) wiil become apparent later. 
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bil. EXPERIMENTAL EQUIPMENT AND PROCEDURES 


A, U-SHAPED OSCILLATING-=FLOW TUNNEL 

Experiments carried out by Sarpkaya and Tuter [5] in the Initial 
phases of the study with small smooth cylinders at relatively low Rey- 
Se aeiiumbers have proved the versatility and the usefulness of a U-shaped 
oscillating-flow apparatus. Thus, in an attempt to achieve larger Rey- 
nolds numbers, it “AG Ga natural to construct a larger U-shaped tunnel. 

Among the various designs, the one shown In figure | was finally 
selected for construction [8]. A photograph of the completed and fully 
instrumented structure Is shown in figure 2. It consists of eleven 
modules for ease of construction, transportation, and mounting. Each 
module is made of 0.95 cm. (3/8 inch) aluminum plates and Pentorced with 
1.27 x 10 x 46 cm. (1/2 x 4 x 18 inches) aluminum flanges welded to the 
plates. The modules were assembled with the help of an air drying sili- 
con rubber seal between the flanges of two adjacent modules and 2.54 cm. 
(1 inch) steel bolts placed I5 cm. (6 inches) apart. The inside of each 
module was precision machined so that the largest misalignment was about 
| mm. (0.04 inches). 

Prior to the description of Its instrumentation and operation, a 
few words are necessary about the general shape of the tunnel. The 
cross-section of the two leas is 183 x 91.5 cm. (6 x 3 feet). This 
selection was dictated by several considerations such as available ceil- 


Ing height, pressures to be encountered and hence the structural and 
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economic considerations, desire to obtain a virtual anaiieiodes or 
velocity of oscillation at least twice that of the free surface, period 
of oscillation, Reynolds number and the relative ampiIitude A/D desired, 
natural-damping of the oscillations, and the magnitude and the fre- 
quency of the forces. The length of the horizontal test section was 
chosen larger than twice the virtual amplitude to insure fully developed 
uniform flow at the test section. Finally the two corners of the tunnel! 
were carefully streamlined to prevent flow separation (see figure |). 
This design proved to be more than adequate for no separation was en- 
countered, and also the desired frequency and amplitude of oscillation 
were achieved. 
The auxiliary components of the tunne: consisted of plumbing for 
the filling and emptying of the tunnel! with hot and cold water, a heat 
exchanger, butterfly-valve system, and the air supply system. The 
plumbing consisted of simple piping, valves, a small pump, and a filter. 
None of these will be described further. 
The butterfly-valve system (mounted on top of one of the legs of 
the tunnel) consisted of four plates, each 4.6 cm. (138 inches) wide 
and 92 cm. (36 Inches) long. A 2.54 cm. (I inch) steel shaft was placed 
at the axis of each valve plate.(see figure 3). Aluminum housings 
Supported both ends of the shaft with self-aligning ball bearings. A 
I> cm. (6 inches) gear was attached to one end of each shaft which ex- 


tended beyond the bearing. All four valve plates were then aligned and 





#% 

The vii sal ampiitude is defimwed as the amplitude of oscillation 
which the cylinder experiences. Here it is exactly twice the amplitude 
of oscillation of the free surface in one leg of the tunnel. 


=e Se > 


See. 





san 


SO Oe? re. 


er Pe iy 
‘ SF, *% te ey 
ae % 


ote, Ye aes 
v- a 7 . 
Be obo! CBS Ge so 




























1h — 2. 
A & 
o 3 
$.° 64 a, Wi a”, C iP 
13 OG GRT ir he HB IE aint ; 
‘ . , FO tn, pAb ie ih A fo Nay BS. \ 4 : 4 
y PPO et vee £P% he oy, “Aes ; 
he # A A yee? 3 4 ee 4.6 * We Ve aa TE 
«s 4 _ “sy & 





“ed wae ~ 


oe Nw Ate 


‘ « & 
to. ih “me 
” Me 


"ai x 
nae a 
i : L’ rh, Ke. ’ 
~~ gag Sl, en 


See Yo a Aer, 
7 he A haa, “Ara OL pol hey 





23 


Photograph of butterfly valve system 


Figure 3. 
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driven by a simple rack and pinion system. The rack was actuated by an 
air-driven piston with the help of a three-way valve connected to the 
laboratory air supply system. 
The valves, in their closed position, completely sealed the top of 
one of the legs of the tunnel. The top of the other leg was left open. 
Initially, the butterfly valves were closed and air was admitted to that 
side of the tunnel to create the desired differential water level between 
the two legs of the tunnel. Then the valves were opened quickly with the 
help of a pneumatically-driven three-way control valve. This action set 
the fluid In the tunnel in oscillatory motion with a natural perlod of 
T = 5.507 seconds. A series of experiments was conducted with one of . 
the test cylinders to evaluate some of the experimental characteristics 
Of the tunnel. It was found that the damping of the motion is such that 
the amplitude of oscillations decreases about 3 mm. (0.12 inches) per 
cycle and about 0.15 mm.(0.06 inches) per cycle for amplitudes half or 
less than of the maximum. Thus, over a period of four or five complete 
cycles of oscillation at any amplitude, the amplitude, velocity, and 
the acceleration of the fluid changed about one percent. Evidently *he ae 
forced oscillations of the fluid, If such a methoa were ‘to te employed, 
cannot yield the amplitude to an accuracy better than one percent. 
Additionally in such a method one has to contend with some nigh frequency ‘ 
vibrations, however smail, superimposed on the RCCOIGCaTT OA: These re- 
sult from the cyclic operation of the butterfly valves. It is because 
of these considerations that the experiments were carried out by letting 
the system damp out the amplitude over many cycles of oscillations. The 
advantages of the method adopted become apparent very quickly. Firstly, 


the oscillations were so smooth and quiet that one could not know or 
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even hear that 5000 galions of water were in oscillation. The elevation, 
acceleration, and all force traces were absolutely free from secondary 
oscillations so that no filters whatsoever were used between the trans- 
ducer output anc the recording equipment. Secondly, the method adopted 
enables one to cover all possible values of K for a given 8B and k/D and 


see the evolution of the forces over a period of about 30 minutes. 


8. CIRCULAR CYLINDER MODELS 

Circular cylinders with diameters ranging In size from 20.3 cm. (8 
inches) to 5 cm. (2 Inches) have been us3d in this study. The cylinders 
were turned on a lathe from aluminum pipes or plexiglass rods and 
polished to a mirror-shine surface. There is no douby that the surfaces 
were hydrodynamicaily smooth. The length of each cylinder was such that 
it allowed 0.08 cm. (1/32 Inch) gap between the tunnel wall and each end 
of the cylinder. As will be noted later, the cylinder was prevented 
from moving towards one or the other wall by means of small O-rings 
attached to the round cantilever end of the force transducers. A double- 
ball precision bearing (SKF-2303-J) with an approximately 1.5 cm. (0.6 
Inches) bore was Inserted at each end of the cylinder in aluminum hous- 
Ings which sealed the cylinder air tight. The other face of each bear- 
Ing was fiush wlth the end of the cyilnder. The same cylinders were also 
used as rough cylinders by coating them with sand of desired size. For 
this purpose clean sand was screened through the use of the combination 
of appropriate size sieves to separate the desired size. The cylinder 
surface was then cleaned wlth alcohol and carefully coated with an epoxy 
palnt. After considerable practice of application of the epoxy paint 


it has been possibie to obtain an extremely thin and uniform coating 
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which was free of rldges, waves and loca! bulidup. Next, the selected 
sand was sprinkled over the gently-rotating cylinder with a sieve 
slightly larger than the sand particles. The excess sand was easily 
removed after about 15 minutes thrcugh gentle rubbing by hand. The re- 
sulting roughness was perfect beyond expectation as evidenced by the 
two sample photographs shown In figure 4. The pictures of the rough 
surface were taken with a scanning electron miscroscope. The actua! 
size of the sample sand Is shown in the figure. 

it was necessary to choose the proper size of the sand for each 
cylinder in order to maintain the k/D ratios (k/D ~ 1/195 and k/D ~ 
1/370), besides the smooth cyiindger, selected. Furthermore, it was 
necessary to carry out the experiments for a given cylinder at various 
temperatures in order to vary p2/vT or, in other words, to investigate 
the varlation of the iift coefficient with Reynoids number for a given 
Keulegan-Carpenter numbe:* and relative roughness. The water in the 
tunnel was heated to the desired temperature through the use of the 
heat exchanger cited previously. The temperature in the tunnel remained 
constant for a period of several hours thus, it was not necessary to 
continuously clrculate the water through the heat exchanger. Evidently, 
the enormous heat capacity of the tunne! and the fluid helped to ‘nain-= 
tain a constant and uniform temperature. The expansion of the test 


cylinders was less than !/32 inches (0.8 mm) at the highest temperature 


tested. 


C. FORCE MEASUREMENTS 


Two identical force transducers, one at each end of the cylinder, 


were used to measure the Instantaneous in-line and transverse forces. 
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Figure 4, Scanning Clectron Microscope Photographs of sand-roughened 
surface 
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The basic transducer was manufactured by B.L.H. Electronics, Inc. under 
the trade name LBP=-I and catalogue no. 420271. A photograph of the gage 
assembly is shown in figure 5. The gage had a capacity of 2224 N (500 
lbf.) with an overload capacity of 200 percent. The deflection of the 
gage under 500 Ibf. load was 0.25 mm, (0.01 inch). For the largest 
cylinder and amplitude encountered in the experiments, the maximum load 
was less than 200 Ibf., and the deflection of the beam was less than 

0.2 mm. (0.008 inches). 

A special houslng was built for each gage so that it can be mounted 
on the tunnei window and rotated to measure either the in-line or the 
transverse force alone. The bellows which protected the strain gages 
had to be waterproofed in such a manner that they would not adversely 
effect the operation of the gages when subjected to about 6m. (20 feet) 
water PEeecune at temperatures i8 C (64 F) to 74 C (165 F). For this 
purpose the bellows were completely filled with Dow Corning 3140—RTV 
coating without bringing the rubber into contact with air during the 
filling operation. After filling, the ends uf the bellows were sealed 
aim tight wlth speciel clamps. The silicon rubber remained in its 
original liquid form throughout the operation of the gages. 

The cylinders were placed in the test sectlon by retracting the 
gages from their housing and then pushing them Into the bearings mounted 
On each end of the cylinders. As noted earlier the O-rings placed on 
the cantilever end of each gage prevented the test cylinders from moving 
sideways towards one or the other wall and helped to exactly set the 
0.8 mm. (i/32 inch) space between the cylinders and the tunnel wall. 

The cylinders ware free to rotate at the application of a slight torque 


by hand. 
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After the mounting of the first cylinder, the exact angular position 
of the gases within their housing had to be determined and set with a 
pin so that the gages measure either only the in-line or the transverse 
force. For this purpose, an approximately 400 N load was hung on the 
cylinder with a lubricated nylon rope. The in-line force (acting in the 
horizontal direction) was observed on the amplifler recorder system. 
Then the gage was rotated in small increments until the in-line force 
was exactly zero. A final check was made by measuring the outputs of 
the gages wlth a precision voltmeter. The position of each gage was 
marked and set with a pin. Finally, four boits were placed on the gage 
housing to hold the gages rigidly in positlon. Removal of these bolts 
and the pin allowed the rotation of the gages exactly 90 degrees, after 
which the bolts and pin were placed in position. In this manner the 
gages were capable of measuring either the in-line or the transverse 
force wlthout any “cross talk" pease the in-llne and transverse forces. 
Orcinarlly, one gage was set to measure In-line force and the other gage 
the transverse force. At times both gages were uscd to measure only 
the in-line or the transverse force. 

the calibration of each gage was accomplished by hanging loads in 
the middle of the cylinder after setting both gages to sense only the 
transverse (here vertical) force. The directional sensitivity of the 
gages was also checked by aoplying identical loads upwards on the test 
cylinders with the help of a hook-cantilever arm attached to the top of 
the tunnel! outside the test section. Repeated callbrations have shown 
that the gages are perfectly linear up to 2000 N; they yield the same 


signal for loads applied either downward or upwards; and that the gages, 
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together with the electronic system to which they were eventually con- 
nected were capable of senslng forces as small as 0.1 N (0.02 Ibf.). 

The in-line and transverse force were simu!/taneously recorded with 
the instantaneous acceleration on two two-channel Honeywell recorders 
running at a speed of 10 divisions per second. This speed gave 55.07 
divisions per cycle. The amplitude of the transverse force and the flow 
characteristics such as U_T/0 and Re were determined from these traces. 
RMS value of the lift force was determined for each cycle by reading the 
force at every division or 0.] second intervals. Sample transverse 


force and elevation traces are shown in figure 6. 


DO. ACSELERATION, ELEVATION, OR VELOCITY MEASUREMENTS 

It is because of the extreme Importance of the accurate measurement 
of the instantaneous value of these quantities that they are discussed 
here seperately. | 

Firsvly, it should be noted that the measurement of the amplitude, 
acceleration, elevation, or the veloclty is a matter of interpretation 
of the signal received from the appropriate transducer in light of one 


of the followlng expressions 
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in which T = 5.507 seconds for the experiments reported here. 

Three transducers were used to generate three independent d.c. 
Signals, each proportional to the instantaneous value of one of the 
quantities cited above. The first one consisted of a seven foot long 


platinum wire stretched vertically In one leg of the tunnel. The out- 


put of the capacl.ance-wlre pridge was connected to an eight channel 
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Acceleration and t-unsverse force traces 


Figure 6, 





= ° 






< oes ee 


amplifier-recorder system. The response of the wire was found to be 
perfectly linear within the range of oscillations encountered. The 
wire was capable of yielding a measurable signal for changes in water 
elevation as smal! as 0.8 mm. (1/32 inches). Such a sensitivity was 
not, however, always desirable for the instabilitles on the water sure 
face gave rise to smal! oscillations in the analog records. The 
effect of such insrabllities were practically eliminated by placing 
the wire along the axis of 30 cm. ‘ foot) diameter and 213 cm. (7 
feet) long thin plastic pipe. Be that as It may, the use of this wire 
was rendered unnecessary due to the use of a more reliable method. 

The second method consisted of the measurement of the instantaneous 
acceleration by means of a differential-pressure transducer connected 
to two pressure taps placed horizontally 61 om. (2 feet) apart and 
91.5 cm. (3 feat) to one side of the test section. The output of tne 
transducer was agaln connected to the eight channel recorder. The in- 


stantaneous acceleration was then calculated from dp = ps(dU/dt) where 
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Figure 7, Position of p-essure taps 
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Ap is the differential pressure, s the distance between the pressure 
taps and dU/dt Is the instantaneous acceleratlon of the fluid. The 
effect of the pressure drop due to the viscous forces over the distance 
s was calculated to be negligible. 

The third method again consisted of the measurement of the differ- 
ential pressure between two pressure taps. The two taps were placed 
symmetrically on the two vertical legs of the tunnel at an elevation 
127.0 cm. (50 inches), (see figure 7) below the mean water level, i.e., 
H = 38 in. Applylng Bernoulli's equation for unsteady flow between 
each pressure tap and the instantaneous level of water, it is easy to 
show that twice the amplitude of the free surfacs oscillation (virtual 


amp!it-de) is given by 


{ { ,2n.2 
g T 


in which g and T are constant and H is kep*+ constant. Thus the signai 
of this transducer yielded the virtual amplitude cr the maximum 

velocity in each cycle. It was entirely free frem noise or smail free 
surface effect. ‘she transducer was calibrated and Its linearity checked 
before each series of experiments. 

Suffice It to say that al! three methods gave nearly identical 
results and yielded the amplitude, velocity, or acceleration to an 
accuracy of about two percent relative to each other. These comparisons 
as well as the perfectly sinusoidal ard noise-free character of all 
pressure and force t:aces speak for the suitability of the unique test 


facility used in tnis stucy. 
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E. DATA REDUCTION 

Experiments were repeated at least three times for each cylinder. 
Often only two, but at times as many as four runs were evaluated. 
Suitably selected cyles were read every 0.i second and the tabulated 
data were transferred to the computer data cards together with addi- 
tional reievant information such as calibration factors, cylinder 
diameters, number of data cards, etc. A computer program calculated 
the force transfer coefficients previously discussed (see Appendix A). 

It should be emphasized once again that only the amplitude and 
frequency of the first harmonic of the transverse forces were evaluated. 


Ordinarily one woula write the transverse force as 


F(t) = > Ca, sin Seat, +b) cos (Bt) 5 C11) 
=] : 





and attempt to evaluate the coefficients 3, and b. or the coefficients 
oe and ne phase angle for each harmonic. In view of the fact that 
this is a highly time consuming affair and that the first harmonic is 
almost always several times larger than the second or higher harmonics, 
it was decided to evaluate only the characteristics of the first 
harmonic. This together with the RMS values 2K the transverse force 


gives sufficient information about the characteristics of the transverse 


force. 
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IV. OISCUSSION OF RESULTS 


A. BLOCKAGE AND LENGTH-TO-OIAMETER EFFECTS 

Attempts to achieve as high Reynolds numbers as possible in conduct- 
Ing wind-tunnel or water-tunnel experiments Invariably give rise to 
wall-Interference effects which, of course, influence whatever measure- 
ments are desired. There are several blockage correction formulas for 
steady flows which might be used so that the wall-interference effects 
might be minimized. Unfortunately none of these formulas could be used 


In the present study for no one has demonstrated that the blockage 
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effects In osciilatory flow are identical to those experienced in steady 

flows. 
The blockage ratio D/w, where 0 is thediameter of the cylinder and 

w the width or helght of the test section, and the length- or span-to- 

diameter ratio, t/D, for the cylinders used In the present study are 


tabulated below [w = 91.44 cm. (3 feet), L = 90.885 cm. (2.9318 feet) ]. 


D O/w L/o 

20.244 om. (7.970 inches) O22 4.49 
16.447 cm. (6.475 Inches) 0.18 Sine ? 
15.177 cm. (5.975 inches) O.17 Sag2 

12.674 cm. (4.990 inches) 0.14 7.17 

[0.103 cm. (3.978 inches) 0.11 8.99 
7.544 cm. (2.970 inches) 0.082 12305 . 
6.3549 cm. (2.4996 inches) 0.069 14.3] 2 
22057 cm, (1.991 inches) 0055 17.97 
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Achenbach (10) and In some of the experiments of Fage and Falkner (11) 
the blockage ratios were 0.166 and 0.185 respectively. The ltength-to- 
diameter ratio In Fage and Warsap's (12) experiments was 20.2 or 7.88, 
desending on the dlameter of the two cylinders they used, as compared 
to 3.33 in the experiments of Achenbach. Evidently, the formulas used 
for steady flow correction effects cannot be appiled to oscillating 
flows and that there is not a unique blockage correction for the entire 
period of the harmonic flow. This is evident from the fact that withIn 
a given cycle the fluid undergoes varying accelerations and velocitie. 
as the wake width, momentum deflclency, and the wake pressure change 
accordingly. Thus, a blockage correction made for the Instant of maxl- 
mum velocity Is not applicable to the instant at whlch the maximum 
acceleration occurs. Ia view of the fact that there are no previous 
investigations, a series of experiments had to be conducted to determine 
the role of blockage in the flow under consideratlon. For this puroose 
a differential pressure transducer was connected to two pressure taps 

on the same side of the tunnel wal!. One of the taps was placed on the 
wall dlrectly above the axis of the test cyllnder. The other tap was 
placed 76 cm. (29,92 Inches) to one side of the first tap along a line 
parallel to the flow. A series of experiments were carrled out with the 
16.447 cm. (6.475 inches) cylinder and the differential pressure was 
recorded and compared with the differential pressure obtained from the 
acceleration transducer. Furthermore, to simplify the comparlson both 
transducers were callbrated so as to render exactly the same output under 
Identical callbration loads. The results have shown that the two 


differential pressures were nearly identical and that they were certainly 
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within three percent of each other. Often the two traces of two trans- 
ducers were indistinguishably coincident. This somewhat surprising re- 
Sult is a clear indication of the fact that the blockage effect in 
harmonic flows is negligible at least for D/w ratios less tnan about 

0.20. Although no special attempt was made to interpret the lack of 
blockage effect in such flows it is believed that the presence of vortices 
on both sides of the cyl Inder together with the high periods of accelera- 
tion and velocity render the flow relatively more uniform at short dis- 
tances away from the cylinder in the test section. Therefore, for the 
reasons cited above no blockage-effect corrections were app: ied to the 
data presented here. [t+ might be of interest to note tha had the flow 
been assumed uniform and had the maximum velocity for the largest cylinder 
and the Reynolds number were used to calculate a blockage effect correc- 
tion through the use of one of the existing formulas, one would have 


found that such a correction would have amounted to about six percent, 


B. TRANSVERSE FORCE DATA : ‘ 
1. Smooth Cylinder 
The transverse force coefficients for smcoth cyltnders are 

plotted as a function of K in figures 8 through 14. These data 

are also tabulated and presented In Appendix B. It Is evident from tnese 
figures that CLMAX shows some scatter which is in fact smaller than one 
wor. 4 have anticipated in view of the complex texture of the transverse 
force. It is also evident that CLMAX begins to rise rapidly from K = 6 
to [2 and then decreases as K increases. As notec earlier the Reynolds 
number along each plot varies with K and 8B. One can deslgnate special 
values of the Reynolds number along tnis curve simply by writing Re =K% 


or by finding the K values which correspond to a particular value of Re 
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Fig. 10 C, (max ) versus K for 6 = 1107. 
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Fig. !2 C, (max) versus K for 8 = 3123. 
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Fig. 13 C, (max) versus K for 8B = 4480. 
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Eaigee|4 C, (max) versus K for 8 = 5260. 
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by writing K = Re/B. Prior to doing 50, mean lines have been drawn through 
the data as meticulously as possibile for each cylinder. Then round numbers 
such as 30,000, 40,000, etc. were chosen for Re and the corresponding K 
values were calculated and indicated on each olot. This simpte procedure 
resulted In figure I5 in which CLMAX Is plotted as a function of K for all 
smooth cylinders and the identical Reynolds number points are suitably 
connected. It is evident from figure 15 that there is a remarkable and 
heretofore unknown correlation between the force coefficient, Keulegan- 
Carpenter number, and the Reynolds number. The smocthness of the constant 
Reynolds number lines Is another Indication of the consistency of the 

data from one cylinder to another. 

It is also evicent from figura 15 that for a glven Reynolds number 
CLMAX increases at first wlth K and then decreases gradually. The initial 
rise of CLMAX decreases with increasing Reynolds numbers. In fact for 
Re = 100,000, CLMAX decreases for K values larger than approximately 15. 
For a constant K,CLMAX always decreases with increasing Reynolds numbers. 
The most dramatic change in CLMAX relative to eithe. K or Re occurs be- 
tween K equal 8 and 30. The occurrence of the peak CLMAX values in the 
Fegion of K values between K equal 10 and 25 Is directly reiated to the 
shedding of tte vortices as will be discussed later. 

The resuits shown in figure 15 are replotted in figure !6 as a 
function of the Reynolds number for Pons attasaloes of Keulegan-Carpenter 
numbers. This particular plot shows that CLMAX varies significantly 
with Reynolds numbers for Re > 20,000. This observation Is in conformity | 
with those made earlier by Sarpkaya ang Tuter £5). Fer Reynolds numbers 
from about 20,000 to 100,000 the IIft coefficient decreases rapidly. 


For larger values of Re, lift coefficient decreases slowly once again and 
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approaches a value of about 0.3 at Reynolds numbers of about 700,000. 
Evidently, for design purposes the transverse force has significance 
not only because of its magnitude, but also because of its oscillating 
character. Even through the ratio of the transverse force to the in- 
line force is not shown here, a careful examination of the data has 
shown that the transverse torces are of 3 significant fraction of the 
In-line forces and must necessarily be included in the force calcula- 
tions through a vectorial sum of the two forces. 

As noted above, the oscillatory nature of the transverse force 
may give rise to in-line or transverse hydro-elastic oscillations of 
cylindrical ocean structures whenever ine natural frequency of the 
Structure falls within approximately + 15 percent of the vortex sheduing 
frequency. The in-line oscillations may be excited at natural fre- 
quencies from 2 to 5 times the vortex shedding frequency. It is, there- 
fore, essential that one has definite information about the frequency 
of the transverse force and its dependence, If any, on K and Re. To 
this end the frequency of the first harmonic of the transverse force was 
determined from the analog records for each 8 and the frequency ratio 
defined as 


f 
Vv 


Vase roan | (12) 


was calculated. Here ie represents the frequency cf the first harmonic 
and I/T the frequency of the fluid oscillations in the tunnel. The fre- 
quency ratlo i is shown In figure 17 in such a manner that each curve 
represents the highest values of K and Re below which only frequencies 


Indicated can occur. For example, the curve indicated by A shows that 
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17 Relative frequency of vortex shedding as a function 


Fig. 


of the Reynolds and Keulegan-Carpenter numbers. 
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to the l2ft of this curve only the frequency ratios of 2 to 8 can occur. 
To the right of curve A, however, frequency ratios larger than 8 are 
possible. The curves for the frequency ratios 3, 5, 7, etc. have not 
been shown in order to simplify the presentation. 


It is apparent fromthe foregoing discussion of the lift coefri- 
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clent, the frequency of the alternating force, and the tabulated data 
that the lift coefflcient reaches large values for relatively smal | 
values of K and Re. It is further apparent that In the region of K 
values (e.g. 8 < K < 15) the relative frequency of vortex shedding is 
not given by an integer number and that there is frequent fractional 
vortex shedding. In other words, the Integer part of ua shows the number 
of vortices actually shed while the fractional part indicates that a 
vortex was born, but was never shed. Such a fractional shedding leads 
to i. values like 2.1 or 3.7 etc. It also shows that vortices of con- 
slderable strength can grow on one or the other side of the cylinder 
without ever being shed and, thereby, considerably increasing the lift 
force. It is, of course, true that the fractional shedding takes slace 
at all values of K and Re; however, the larger the number of vortices 
the smaller is the relative significance of an unshed vortex. It is, 
therefore, apparent that when only two or three vortices are shed, as 
Ils the case for K values in the neignborhood of K ~ 15, then the vortices 
which remain attached to the cylinder give rise to slgnificant lift 
forces. It should aiso be noted, in passing, that the in-line force 

Is significantly effected by the fractional shedding of vortices. 

This becomes garticularly evident from the observation of the force 
traces as well as fom the calculation of the difference between the 


measured force and that predicted from the Morison equation through the 
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use Of the Fourier average ccefficients. 
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2. Sand-Roughened Cylinders 


The tabulated data are presented in Appendix C. The same data 
are also plotted for each cy:iinder in figures 18 through 25 for two or 
three values of 8B. 

A quick examination of these plots reveals that 

a) the lift coefficient shows the same + de of variation with 
K as In the case of the smooth cylinders; 

b) the lift coefficient for rough cylinders is larger than that 
for the smooth cylinders at the correspondina Reynolds numbers; and that 

c) the lift coefficient for rough cylinders does not vary with 
B to any appreciable extent. 

A closer examination of the rough cylinder data shows thet the effect of 
Re Is almost negligible particularly for K values larger than about 15 
within tre range of relative roughnesses and Reynolds numbers tested. 

The transverse force coefficient inevitably exhibits a 'arger 
scatter than that for the in-line force ccefficlents because of the scre- 
what random nature of the shedding of the.vortices. Consequently, it is 
not too uncommon to obtain a variation of 20-25% for a given K value. 
This fact is of importance in discussing the effect of the Reyno!ds 
number on the [lift coefficient. 

Mean lines drawn through the data shown in figures 22 to 25 for 
each 8 are combined in figure 26. It is evident from this figure that 
the variation of the lift coefficlent from one B to another for a given 
value of K Is smaller than the scatter in any one of the individual 
plots. This shows thet within the range of the parameters investigated 
the II ft coefficient for rough cylinders does not depend on the Reynolds 
number. Also shown in figure 26 Is the lift coefficient for smooth 


cylinders for B in the range 1000 to 2000. It Is rather surprising 
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Figure 19, C, (max) versus K for k/D = 1/370 
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Figure 20. C, (max) versus K for k/D = 1/370 
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Figure 2}. C, (max) versus K for k/D = 1/370. 
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Figure 22. C, (max) versus K for k/D = 1/195 
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Figure 23. C, (max) versus K for k/D = 1/195 
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Figure 24, C, (max) versus K for */D = 1/195 
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Figure 25. C, (max) versus K for k/D = 1/195 
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that the smooth cylinder data at relatively low 8 values form more or 
less the upper limit of the rough cylinder data. Thus, the following 
important and somewhat surprising conciusion has been reached: for 
smooth cylinders, the lift coefficient depends primarily on Re and very 
little with K for Re larger than about 20,000. For rough cylinders, on 
the other hand, the lift coefficient ceases to depend on Re and varies 
primarily with the Keulegan-Carpenter number. Finally, the lift co- 
efficients for rough cylinders at high Reynolds numbers aré almost 
identical with those for smooth cylinders at very low Reynolds numbers. 
Even though the reasons for the foregoing are not quite clear, the 
consequences of this experimental finding for model testing purposes 
are rather obvious. Suffice it to say that roughness has a profound 
effect on the lift coefficient. This is partly because of the fact that 
it gives rise to vortices of larger strength and hence to farger lift 
forces, but also because the lift force for a rough cylinder is a larger 
fraction of the in-IIlne force. For .xample, at a Reynolds aumber of 
700,000 the drag coefficient for a ro. 4 cylinder with a relative 
roughness of 1/370 is about 1.4 for K = 50 and the IIft coefficient at 
the same corresponding K and Re values is about 1.0. Thus, in all 
designs the vectorial sum of the in-line and transverse force will have 
to be taken into account. Otherwise the design force will be grossly 
underestimated. 

As noted earlier, the alternating nature of the transverse force 
is as important as its magnitude. bt is for this reason that the fre- 
quency of the alternating force has also been calculated, as in the 
case of smooth cylinders, and tabulated (see Appendices B and C). A 


close examination of the frequency ratios shows that f /K remains 
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essentially constant at a value of about 0.22. To be sure, there are 
variations from one cylinder to another and from a glven combination 

of Re and K to another one. Nevertheless,the Strouhal number is fairly 
constant for all roughnesses, relativ2 amplitudes, and Reynolds numbers 
larger than about 20,000. 

In the foregoing, the major features of the transverse force act- 
ing on smooth and rough circular cylinders in harmonic flow have been 
described. It has been snown that the lift force is a significant 
fraction of the total force acting on the cylinder and that it is in- 
tensified by roughness. It appears that the larger shear stresses on 
rough cylinders give rise to vortices of stronger circulation and 
thereby increase the lift force. It would, therefore, be extremely 
interesting to measure the pressure distribution around a rigidly 
mounted rough cylinder and compare the results with those obtained with 
a smooth cylinder. 

Finally, a few words are necessary regarding the application 
of the results presented here to the structures in tne ocean environ- 
ment. It is realized at the onset that the flow induced by waves is 
not two-dimensional and that the velocity decreases with depth and the 
fluid particles move on elliptical paths. The variation of the velocity 
along a verticc! oile invariably results in a decreased correlation in 
the vortex shed. This itn turn results in a reduced transverse force. 
Thus, the results presented herein must be applied with the full reali- 
Zation of the foregoing facts and must be regarded as the maximum upper 
limit of the transverse force that could be generated in wavy flows. 
Evidently, at great depths where the change of velocity is very smal! 


along a vertical pile, relatively large lift forces must be expected. 


£% 


ed we Wh ee et ee ee ee 


eet” alle Biinkn dich Min etl Baden etces ins wnat: OO dod. thatncwn walle Set hhetne aoe 1a * acct Face AEE FE in dads a ala Mind mtn Shes eam on Aol On eal cle nD eat hacia hh earner tal. start a 


wo dsel. ah. 











an 
-_ 





a 


1.7 
_+ 24 wae 
= b 7 


ee aA: ae 


i ae 2 ai ye 


- = 7 7 
i= 


“DN Tap er 
See aa. 


cae 
7 










ee ee nO 6 ee ee ee A ei ee Oy a 2 PE PEERS ey Ae eee wee —_ 
e 


At elevations closer to the ocean surface, however, the rapid changes in 
velocity may decrease the correlation length and thus give rise to 
smaller transverse forces. It has been assumed that these structures 
have been rigid and are rigidly mounted and that there is no motion due 
to the forces acting on them. In general most memders of such a structure 
are elastically movwnted and that they may undergo self-excited oscilla- 
tions under the action of waves and/or currents. The foregoing discus- 
ston points out not only the regicns cf application of the results pre- 
sented herein, but also the many unsolved complex problems which are 
encountered in the real ocean environment. It is, therefore, suggested 
that further investigations be undertaken to study these hydro-elastic 
oscillations of smooth and rough cylIlnders in harmonic flows, in-line 
and transverse forces on yawed cylln¢ders, and finelly the effect of 

the wave-current combination on rigld or elastic, smooth or rough 
cylinders, near to or away from a wall, and normal or inclined to a two- 


dimensional harmonic flow. 


64 





r Se greta wer 
Pine Bem oe . -- -—- Ce Ot ee -- Z oe ee ed 


V. CONCLUSIONS AND RECCMMENDAT IONS 


The extensive investigation of the transverse forces cn smooth and 
rough circular cylinders in harmonic flow warrants the following conclu- 
sions: 

|. The transverse force coefficient depends in general on both the 
Reynolds and Keulegan-Carpenter numbers. The variation of CLMAX with K 
and Re depends not only on the particular value of Re but also on the 
relative roughness k/D; 

2. For smooth cylinders, CLMAX does not vary appreciably with Re 
for Re smaller than about 20,000. In this range the variatlon of CLMAX 
with K is such that It reaches a maximum at about K ~ I5 and then de- 
creases as K Increases. For Reynolds numbers between 20,000 and 150,000, 
CLMAX varies rapidly with Re and then gradually reaches a value of about 
Oe29; 

5. The relative frequency of vortex shedding, when expressed in 
terms of the Strouhal number, shows that for Reynolds numbers smaller 
than about 55,000 the Strouhal number remains essentially unchanged; 

4. For rough cylinders, the IIft coefficient has several heretofore 
unknown and practically significant characteristics. The results show, 
within the range of the parameters tes’od, that CLMAX does not depend 
on Re. The resulting CLMAX distribution is, surprisingly enough, very 
close to that obtained with the smooth cylInders at very ‘ow Reynolds 
numbers. 

2. The Strouhal number for rough cylinders remains nearly constant 


for all Reynolds numbers at about 0.22 with the possible exception of 


65 





PA, Po ey Oe 


ae me eee 


those at very low Reynolds numbers. If should be emphasized trat one 
could not have reached this conclusion had cne not carried out the 
painstakingly difficult series of exp2riments described in this thesis; 
6. It ts recommended that pressures be measured around smooth and 
rough cylinders and that the effect of the self-excited oscillations 
of cylinders on the In-line an' transverse forces be exanrined. It is 
hoped that through experiments of Intrinsic quality one will be able 
to Isolate the Influence of the major factors Involved and arrive at 


sound rules for design of structures in the ocean environment. 
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APPENDIX = A COMPUTER PROGRAMS 























ant cea Sains sya ae ee eee eee ete ee et es ea Oe Ce ee eee 
oe a eS ee <r —e eee eee eee ao 

Cc 

C ete eeepc me aT NS 

- 

fC tae Vier ay, Se + 

fee eae rie ete 

ea et ee ee wage Li eee Tate Sta aio a PE AM wre ne 

f oa al Jae: tee ye Pe Pony Pease 

r - @ - Tae Cera * GF He m~wrrns . 

Be ee eras a ee — AR eR ete 

e poe ees fg Vv, | pe am i “ee a apes 5 

ee eee, ys Nc 

a ee eee ee —_———_ =~ a © cee ee 














su wes © ‘ e 
== ae ™- «= wm - = owwew ee @ a SS SS —_—- = —_p oe ee aes eww oe oo 


c . 
wad (quae ange memo Tanto OO ee ee eon 








ees Oe Oe 86 = edie ss st Cas Ct l= 


acer ee ae enc anne asf os GM cs Meenas -~ 


oe) eee a 


Staph PY ER pte Poy tty tty Ch ey Shy ee 


Ped ee ONG BARTS 2 Vit ttt 2= ens 





eee 





ea eS la’ 
fitrTs = 3 oe: Oo eI Ge ag a gt eA a) 
VI SC. sda 
yi ta.elLal or? 











c 


Qe 
NY 


ee et? ee My, Seto 7G Ne ree ne ree 


SS el eS 


f 4 











a ee er OT ASS ay m8 
wt « @. . ‘¢ 





67 Olio ce fo 





GO eneg 9a tm mee ee ees ee 











mami (i 6 Coma’ *§ (Cre eG LTC te Or CL SST CCl (4. ct ee cere 
| i ee 


~ ww « ~~ wt wh. 











58 SOC! © eee eT eae t 





" T sy Te JO). KOLO, ne -2U: tJIdT- L- tS v5 erence 98 Ts ] 
2 eb (5, (00) \EYL 
ae Net 3 


i =1ly 
C1) 








¢ 
ow 


mC, 


a oe 


an 
fe 
“er 
i 
ar e = = 


= a 
= 
pe 


4 


id 





Beis. A)=iTghth= 7 
emilee luna pile “C1 82 ae tse 8) EON Cee Ty, 


: 


ad 

a 

= 

+= 
~— * 
*e 
G 
-. 


st 
= 4 
ond 


ee Met AD, EXE COSTE). TU Ma.) , 











7 3] te 
q* 
‘ 
~~ 


4 
e 
4 
—a « 
® 
-~ 


— 
r= 
ace 


RAS 
e 
ae 
cl 
iT 
| 


4 

t 
QO 
~ 
Wd 


MaDe 
ot J> 0? 
rae 
f 
e “. 
oe 


Le 
~ = 
‘ t 
ay oe 
aw eae 


=e} UIPs 
Wea bb 
rsr $F oO 
w tele eo; fy 
"TT See 
jo 


3 
Ge 


ire. vi Gt oN Ae! ree ment > yg 1 eet ft) 


» 
-s ~[— 


e¢ 


en ? if 
e v ° 
«of 
arr cg. 
+ aie . t 
ce 


4g 
— 

-dtw 

Fully 


e onde de 
Rf t 
-; 


1 


= Vi eG oa : br fa"! ue ; epee ee 13} 
Ce 





ae 
7” ? 
-_- ab 
™“e 
i Ge 
atom 
ee Yee 
ont 
ayes 


oud 
An 
<=? « 


y 


et 
i 





Fs 

» *) 

7 IO ar 
’ 

a 
hap 
2 
WIN 


nt 
il 
= 
cae 
aw 
oer 
% 
-~4 
eae 
er 
* 
a) 
a? 
= 
~~ 
WS 
om) 
4 
= 
2a 
eo? 
ee 
Cc. 
es 
a 
—_—* 
= 
4 
ae) 
(= 
—w 


- 
2 
“NC 

ta Jy 





te 
at 
Cue 


Kore 
Ces 
-~ 
“aN 
“Fir ng 
nw 
° a 
‘ 


ar 

Dir pwonian 
> 
~ 
om 





wv 
et l= 


~ 


ae DE . 


th NSING 
COfp: 
ash 
TY 40d VT 
4 2 
& 4 
~~ 
4 Le 
ots 
K 
+e 
= yy 
t 
i 
L 


? 


ed 


' py cvetlable to DDC does ow 
vciuul lully legible reproducteg 


68 





_ a + wa ee a 8 ee a ee 


SPECTAL NOTES FOR APPENDICES 6B AND C 


The data given in the followlng tables are identitied with the 


diameter of 


parameter. 


the cylinder, relative roughness, and the frequency 


The following symbols have been used: 


DIAM - 
eee 
ph = 
8 - 

KEYN = 


UMTOD - 
CLMAX - 


FR - 


glameter of the test cylinder 

height of sand roughness 

diameter of the test cylinder 
frequency parameter (0°/vT) 

Reynolds number (U_D/v) 
Keulegan-Carpenter number (U_T/0) 
maximum lift coefficient (see eqn. |) 
frequency ratio (see eqn. 3) 


S*rouhal number (see eqn. 4) 
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APPENDIX = B TRANSVERSE FORCE DATA FOR SMOOTH CYLINDERS 
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